
 

IMPROVED MODULATION SPECTRUM THROUGH MULTI-SCALE 
MODULATION FREQUENCY DECOMPOSITION 

 

Somsak Sukittanon 1, Les E. Atlas 1, James W. Pitton 2, and Karim Filali 3  
 

1 Department of Electrical Engineering, 2 Applied Physics Laboratory (APL), 3 Department of Computer Science & Engineering 

University of Washington, Seattle, WA 
 

ABSTRACT 
The modulation spectrum is a promising method to incorporate 
dynamic information in pattern classification. It contains impor-
tant cues about the nonstationary content of a signal and yields 
complementary improvements when it is combined with conven-
tional features derived from short-term analysis. Many prior 
modulation spectrum approaches are based on uniform modula-
tion frequency decomposition. The drawbacks of these ap-
proaches are high dimensionality and a lack of a connection to 
human perception of modulation. This paper presents multi-scale 
modulation frequency decomposition and shows an improvement 
over standard modulation spectrum in a digital communication 
signal classification task. Features derived from this representa-
tion provide lower classification error rates than those from a 
constant-bandwidth modulation spectrum whether used alone or 
in combination with short-term features.   

1. INTRODUCTION 
In pattern recognition, conventional feature analysis is usually 
based on short-time analysis of data, that is, over a short data 
window. Although short-term features have shown good per-
formance under some assumptions, several researchers, e.g. [1], 
have raised the question of whether using only short-term fea-
tures is adequate for nonstationary signal classification. These 
short-term features cannot sufficiently model time-varying in-
formation of nonstationary signals without classifier memory 
(e.g., Hidden Markov Models) and/or features with expanded 
temporal extent. To overcome the deficiencies of short-term fea-
tures, much work [2-4], motivated by psychoacoustic results, has 
investigated modulation spectrum for long-term signal analysis. 
The modulation spectrum not only contains short-term informa-
tion about the signals, but also provides long-term information 
representing patterns of time variation. Incorporating modulation 
spectral features into signal classification can provide significant 
improvement over systems using only short-term features in a 
broad range of applications [2-5]. 

Two approaches for generating a modulation spectrum are 
to take a Fourier [1] or DCT [3, 6] transform of a sequence of 
short-term magnitude spectrum features. Since this analysis uses 
uniform frequency decomposition, the resulting modulation fre-
quency resolution is constant. Uniform modulation frequency 
decomposition may not be appropriate for classification due to 
the resulting high feature dimension; furthermore, it does not 
match models of human auditory perception. Recent studies [7, 
8] of auditory frequency selectivity for amplitude modulation 
showed that a log frequency scale best matches human percep-
tion of modulation frequency. Accordingly, to overcome these 
disadvantages, a wavelet transform is applied as the second trans-
form to yield a multi-scale modulation frequency decomposition. 
The new representation not only yields much lower feature di-
mensionality compared to the standard modulation spectrum, but 
also provides high discrimination capability and low sensitivity 
to distortions. Experiments using real world communication sig-
nals show that multi-scale modulation spectrum can provide 

classification error rates lower than uniform modulation spectrum 
whether they are used exclusively or in combination with short-
term spectral features. 

2. MODULATION SPECTRUM 

2.1. Previous methods 
A conventional joint frequency representation ( , )xP η ω  is the 
correlation function of a Fourier transform, ( )X ω , of  the time 
signal, ( )x t , where ω  and η  are referred to “Fourier” and 
“modulation” frequency, respectively, defined as [9]: 

( , )xP η ω  * ( ) ( )2 2X Xω ωη η− += .                    (1) 
This representation is related to a Wigner distribution by a Fou-
rier transform in η . To study the behavior of joint frequency 
analysis, a simple amplitude modulated signal, 

( ) (1 cos )cosm cx t t tω ω= +  where mω  and cω  are the modula-
tion and carrier frequencies, respectively, is used. Using (1), the 
joint frequency representation of this AM signal is illustrated in 
Figure 1a. Ideally for this AM signal, the desirable representation 
with reduced cross-terms and good energy compaction should 
have nonzero Dirac impulse terms at only ( 0, )cη ω ω= = ±  
and ( , )m cη ω ω ω= ± = ± . As shown in Figure 1a, there are also 
undesirable cross-terms occurring at double modulation frequen-
cies, 2 mη ω= ± , and redundant terms occurring at much higher 
modulation frequencies, 2 cη ω= ± . The cross-terms can be 
interpreted as interference due to the quadratic nature of (1). 

To remove these undesirable terms, several approaches can 
be taken. Synchronized block averaging [10] can be applied if 
the statistics of its spectrum change periodically with period 

0T when the signal is observed for a long period of time. If the 
periodicity 0T  of the signal’s statistics is known, the cyclic spec-
trum ( , )xS η ω%  can be approximated by averaging adjacent joint 
frequency estimates computed at intervals of 0T . ( , )xS η ω% , as 
illustrated in Figure 1b, can be related to (1) as 

( )
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∞

=−∞

= − ∗ 
 
 
∑% .   (2)   

For arbitrary signals such as speech or music in which the 
frequency of periodicity is difficult to estimate, undesirable ef-
fects can be significantly reduced by a two-dimensional smooth-
ing function. A simple approach is to exploit the inherent 
smoothing properties of the spectrogram, which is referred to as 
the “modulation spectrum [1].” First, a spectrogram or other 
representation with an appropriately chosen window length is 
used to estimate a joint time-frequency representation of the sig-
nal. Then, a Fourier transform is applied along the time dimen-
sion of the spectrogram, yielding an estimate of the modulation 
spectrum ( , )SP

xP η ω , in which undesirable terms are smoothed 
and attenuated. Redundant terms are also removed as shown in 
Figure 1c. ( , )SP

xP η ω , can be linked to ( , )xP η ω  by 
 

( , )SP

xP η ω  ( , ) ( , )x hP Pωη ω η ω= ∗                        (3) 
 
where h is the window used in computing the spectrogram and  

( , )hP η ω  is the joint frequency representation of h .    
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Figure 1: A joint frequency representation of an AM signal using (a) an instantaneous correlation function, (b) synchronized 
block averaging [10], and (c) a modulation spectrum computed from a spectrogram, as described above. 
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Figure 2: Computing the multi-scale modulation spectrum. The final representation is obtained by a time average for each fre-
quency and scale. 

 

2.2. Multi-scale modulation spectrum 
As demonstrated with an AM signal in Figure 1c, modulation 
spectral analysis has the potential to extract time-varying infor-
mation via the nonzero terms in the representation. When the 
analysis is applied to real-world signal, e.g. speech, music, or 
communication signals, these nonzero terms can represent vari-
ous quantities such as phonetic information, pitch, tempo, or 
symbol rate, and they are potentially useful for discriminating 
signal types in pattern classification. However, using previous 
modulation spectral analysis as feature extraction still suffered 
from a fundamental disadvantage, namely that it yields a much 
larger dimension than traditional short-term spectral estimates. 
Past research has addressed the method of reducing feature di-
mension of a two dimensional representation in various ways. 
Since we are interested in tasks where human auditory signal 
classification is largely successful, integrating psychoacoustic 
results into the analysis can possibly provide added advantages in 
feature design and selection. 

Using Fourier analysis, or other uniform frequency decom-
positions, for the modulation frequency transform in modulation 
spectra results in a uniform frequency bandwidth in modulation 
frequency dimension; however this approach for modulation 
decomposition can be inefficient for auditory classification due 
to the resulting high dimensionality. Furthermore, the uniform 
bandwidth in modulation frequency does not mimic the human 
auditory system. Inspired by psychoacoustic results [8], a log 
frequency scale, with resolution consistent with a constant-Q 
over the whole range, best mimics human perception of modula-
tion frequency. Auditory modulation filters with frequencies up 
to 64 Hz are approximated constant-Q, with a value of about 1. 
Our approach uses a continuous wavelet transform (CWT) to 
efficiently approximate this constant-Q effect, though we could 
also less efficiently achieve constant-Q by grouping Fourier coef-

ficients. The multi-scale modulation spectrum representation is 
the joint representation of the Fourier frequency and modulation 
frequency with nonuniform bandwidth for the latter. As illus-
trated in Figure 2, the analysis consists of three important steps. 
It starts with a standard spectrogram of ( )x t : 
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In the second step, for discrete scales s , the wavelet filter ( )tψ  
is applied along each temporal row of the spectrogram output:  
 

( , , )SP
xP s ζ ω  *( , ) ( )

1 SP

x
P

s s
ζ

ζ
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The above equation can be viewed as applying wavelet transform 
on a temporal envelope in each Fourier frequency subband ex-
cept the scaling term 1 s  which serves for normalizing the pass-
band magnitude of each filter to be equal. And in the last step, 
the energy across the wavelet translation axis ζ  is integrated: 
 

( , )SP
xP s ω  

2
( , , )SP

xP s dζ ω ζ= ∫ .                     (6) 
 
The above equation yields a joint frequency representation with 
nonuniform resolution in the modulation frequency dimension, 
as indexed by the discrete scale s .  

There are many advantages of using wavelet based trans-
form over Fourier ones in modulation decomposition. For classi-
fication purpose, we showed in [5] that a wavelet approach pro-
vided better distribution of frequency resolution in modulation 
frequency by showing correctly distinct nonzero terms of multi-
component AM signals. For example, when we compared wave-
let and Fourier in term of energy compaction for synthesis and 
analysis purpose, nonuniform modulation decomposition also 
achieved higher signal-to-noise ratio in reconstructed speech and 
music signals for different compression rates. 





 

Table 2: The classification error rates of different features using GMM and HMM classifiers where the leave-one-out approach 
was used to evaluate the performance. 

Features Gaussian Mixture Models Hidden Markov Models 

Short-term spectral  25.5% 25.5% 

         
Modulation Spectrum  31.9% 27.8% 

Modulation Spectrum + Short-term Spectral 21.8% 22.7% 

         Multi-scale Modulation Spec 30.1% 27.3% 

Multi-scale Modulation Spec + Short-term Spectral 19.4% 19.0% 

    

3.3. Results 
Due to the small amount of data, a leave-one-out approach was 
employed to evaluate all experiments. For each test file, the class 
giving the maximum posteriori probability was chosen. In order 
to obtain reliable estimates, the ratio of training data to the num-
ber of model parameters was considered to be at least ten. From 
Table 1, there are about 8000 frames of the MCVFT class corre-
sponding to 15 mixtures for GMM classifiers. The minimum 
error rates for each feature using GMMs was chosen from 15 
experimental results and summarized in Table 2. Using only 
modulation spectrum or multi-scale modulation spectrum does 
not provide error rates lower than using only conventional short-
term features. These effects were consistent with the results in 
[2]. However, when the short-term features were combined with 
long-term features, the error rate was significantly reduced. 
Multi-scale modulation spectrum combined with short-term fea-
tures yielded an error rate of 19.4% which was lower than the 
error rate of modulation spectrum combined with short-term 
features, 21.8%, an 11% reduction in error rate over standard 
modulation spectral analysis using GMM classifiers. For HMM 
classifiers, to find the optimal number of states and mixture com-
ponents, a ratio of the number of training data to the total number 
of parameters of at least ten was still applied. The maximum 
number of states and mixture components were 10 and 15, re-
spectively. The minimum error rate for each feature was chosen 
from 80 experimental results and summarized in Table 2. In test-
ing with dynamic classifiers, the inclusion of multi-scale modula-
tion spectrum into the feature extraction also yielded an error rate 
lower than combining modulation spectrum. Multi-scale modula-
tion spectral analysis achieved 16% reduction in error rate over 
standard modulation spectral analysis using HMM classifiers. 

4. CONCLUSIONS 
We present an improvement to the modulation spectrum using 
multi-scale decomposition of modulation frequency. The multi-
scale modulation spectrum incorporates recent knowledge about 
human perception in modulation dimension in the design. The 
fundamental advantage of this approach is reduced dimensional-
ity. When compared to a uniformly spaced modulation spectrum 
in digital communication signal classification, the multi-scale 
approach provided error rates lower than the standard modulation 
spectrum approach. In a study using real-world data with long-
term (i.e., modulation) features combined with short-time fea-
tures, the multi-scale method achieved an 11-16% reduction in 
error rate compared to a uniform-resolution modulation spec-
trum, and a 24-25% reduction in error rate when compared to 

conventional short-term features alone. These results were con-
firmed with both static (Gaussian Mixture Model) and dynamic 
(Hidden Markov Model) classifiers. 
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